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At the end of his paper [3] S. Wagon puts the Mlowing question: Zf a graph G 
is triangulated and G has no infinite complete suhgraph, is G perfect? In this note 
an affirmative answer is given. We adopt the notation and terminology of [3]. 
Especially a graph is called triangulated if it does not contain a circuit of length 
>3 as an induced subgraph. To any pair of non-adjacent vertices a, 6 of a graph 
G there exists an a, b separating set T of vertices; any such T contains ~1 minimal 
(with respect to inclusion) subset which separates a, 6. G is triangulated if and 
only if for any non-adjacent a, b every such mi4mal separating set induces ,a 
complete subgraph of G, 
In [2] a graph is called prime if it does nor contain a separa.ting complete 
aubgraph. Thus, a triangulated graph is prime if and only if it is complete. 
In [2, Satz 51 the following is proved: If a graph G does not contain an infinite 
complete subgraph, then G has a prime graph decomposition. This means that there 
exists a family GA (A < a) of induced subgraphs of G (a an ordinal >O) with the 
following properties: 
(i) G= L.&k 
(ii) ( UhC7 GA) n G, = S7 is a complete graph for al1 7, 0 -( 7 < a; 
(iii) S, is properly contained in both G, and IJ A<7 Gh (0 c 7 < a); 
(iv) Each Gh is prime. 
Therefore we can state: 
A graph without an infinite complete subgraph iis triangulated if and only if in i.5 
prime graph decomposition all the members are (finite) complete graphs. 
By the way, more generally it can be shown that an arbitrary graph is 
triangulated if and only if every maximally prime subgraph (in the sense of [2, p. 
2171) is complete. In [2, p. 2231 an example of a graph is given which is countable 
and does not possess a prime graph decomposition; this graph happens to be 
triangulated. 
If G is a triangulated graph without an infinite complete subgraph, it follows 
easily from the properties of the decomposition in question (mind that every 
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complete subgraph of G must be contained in some GA): 
x(G) = sup x(GA) = sup IGAl = o(G). 
AC0 h-=o 
Of course the analogue also holds for all induced subgraphs of G. 
On the other hand, cy( G) = 6(G) follows from a result of Dushnik-Miller [l] 
asserting that an infinite graph G either contains an infinite complete subgraph or 
an independent set of If;! vertices. Hence we have the result: 
Every triangulated graph without an infinite complete subgraph is perfect.. 
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